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J.-H. Evertse: Asymptotic formulas for sums of elements from a multiplicative group.

Let K be a number field, m ≥ 2 an integer, (K∗)m the k-fold direct product of K∗ with coor-
dinatewise multiplication, and Γ a finitely generated subgroup of rank r of (K∗)m. Further, let
H(α) denote the absolute exponential height of an algebraic number α. Fix non-zero elements
a1, . . . , am ∈ K. We give asymptotic formulas for the number of x = (x1, . . . , xm) ∈ Γ with
H(a1x1 + · · · + amxm) ≤ X as X → ∞ such that no non-empty subsum of a1x1 + · · · + amxm

vanishes. The proof is based on the most recent quantitative version of the Subspace Theorem of
Schmidt and Schlickewei, due to Evertse and Ferretti (2013). This builds further on the work of
Graham Everest (1989/90), who considered the case Γ = Um

S , where US is the group of S-units.
We also obtain an asymptotic formula as X → ∞ for the number of non-negative integers n with
H(un) ≤ X, where {un} is a linear recurrence sequence.
This is joint work with Kálmán Győry, Lajos Hajdu, Florian Luca, and László Remete.


